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ABSTRACT 
Some examples are given of simple perfect squares of low order. 
The design which appears on the cover of this Journal represents the 
smallest known example of a "perfect squared square," that is to say a 
geometric dissection of a square into a finite number n of non-overlapping 
squares no two of which are of the same area. The number n determines 
the order of the square and its best possible value is unknown but it has 
been found that 20 ~ n ~ 24. The lower limit was obtained with the aid 
of a computer [2]. Dissections in which two or more squares are equal are 
called imperfect and if two equal squares have a side in common the imper- 
fection is said to be trivial. A convenient notation for describing squared 
squares has been given by C. J. Bouwkamp [1]. It consists of enclosing in 
parentheses the lengths of the sides of those squares (read from left to 
right) whose upper sides lie on the same horizontal line, the lines being 
taken in order from top to bottom. In this notation our square is 
(55, 39, 81), (16, 9, 14), (4, 5), (3, 1), (20), (56, 18), (38), (30, 51), (64, 31,29), 
(8, 43), (2, 35), (33). It was constructed by overlapping two squared 
rectangles, one perfect and the other containing a single trivial imperfection 
involving a corner square. A more detailed account of this and related 
constructions has been given elsewhere [6]. 
This square is compound in the sense that it contains a squared rec- 
tangle. Simple squared squares do not contain a rectangle (of more than 
one square) and consequently their construction is less easy. Such a 
square, of order 38 and with side 4920, due to R. L. Brooks was described 
in [3]. Its code is (1348, 1092, 893, 1587), (199, 694), (256, 420, 615), 
(1440, 164), (584), (120,984, 1177),(281,454), (108, 173), (692), (627), 
(217, 527, 240), (47, 1130), (2132, 534, 310), (287), (224, 900), (758), 
(104, 1026), (82, 922), (840). When published it was the smallest simple 
and perfect square known and it remained so until 1947 when, by a slight 
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modification of the method used, a square of order 37 and side 1947 was 
found. However simple perfect squares of still lower order have recently 
been constructed. In 1964, P. J. Federico, in a personal communication, 
explained to the writer how, after discarding two opposite corner squares 
of Brooks' square, he had been able to divide the remaining figure into 
two blocks which could be repositioned with respect o each other so that, 
with the addition of three further squares, a new simple perfect square of 
order 39 and side 6121 emerged. This interesting observation implied that 
a similar transformation could be applied to a whole class of squared (but 
not necessarily perfect) squares. By seeking in the first instance suitable 
trivially imperfect squares (containing either a single trivial imperfection 
involving a corner square or two trivial imperfections involving opposite 
corner squares) and then applying Federico's transformation, a number 
of simple perfect squares of order n < 37 have been obtained, the imper- 
fections being eliminated in the process. An example of a simple, perfect, 
crossless (i.e., having no point where four squares meet) square of order 31 
and side 1360 constructed in this way is given by (715, 408, 237), (97, 140), 
(54,43), (45, 138), (20, 34), (307, 107, 14), (93), (338), (645, 179, 198), 
(60,278), (160, 19), (141,136), (5, 131), (306), (49,229), (180). This 
square was developed from an auxiliary square having a single imperfec- 
tion. The following square of order 31 and side 1372 was derived from an 
auxiliary square with two imperfections: (707, 177, 231,257), (123, 54), 
(69,190,26), (283), (192), (71,119), (215,48), (450), (665, 114,143), 
(85, 29), (56, 116), (141), (81, 35), (11, 57, 382), (46), (325). The code of the 
imperfect square from which this was derived is (325, 141, 85, 114, 257), 
(56,29), (143), (81, 116), (46, 35), (11,283,257), (57), (382), (26,231), 
(119, 190), (48, 71), (215, 215), (192, 69), (54, 177), (123). Two squares of 
order 35 and sides 4320 and 4464 have likewise been constructed by the 
writer. However, with the aid of a computer, a simple squared square of 
order 25 has been found by J. C. Wilson [4]. 
An unsolved allied problem to which attention has been drawn [5] is 
whether a rectangle with sides in the ratio 2 : 1 may be dissected simply 
and perfectly. The following imperfect, but simple, dissection in as few as 
25 squares uggests that the problem will prove to be solvable: (218, 221, 
223, 194), (45, 44, 105), (215, 3), (212, 12), (200, 45), (12, 32), (34, 11), (23), 
(3, 29), (5, 55), (50), (134), (105). 
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